Abstract. We determine the spectra of the finite Coxeter graphs defined by a terminal node of the Coxeter diagram, and the spectra of their thick equivalents.
Furthermore, (Qe j ) 0 = Q 0 j = f j follows by taking traces in the expression for E j . Finally, Q n Q = v f follows from δ i j f i = tr E i E j = tr U , so we have to minimize tr U U (that is, the sum of the squares of the elements of U ) given tr U (and U = E j M). Diagonalising E j we see immediately that U is uniquely determined, and corresponds to the u we had above. P Thus, it suffices to work with L i instead of A i . The required parameters p k i j for the graphs E 6, * , E 7, * and E 8, * can be found in [1] . We give only the results of the computations.
A n,1
The graph A n,1 is the complete graph K n+1 with spectrum n 1 (−1) n , where the superscripts denote multiplicities (cf. [4] , p. 72).
In the thick case A n,1 (q) we find the complete graph on v = 
B n,1 and B n,n
The graph B n,1 is the complete n-partite graph K n×2 with spectrum (2n − 2) 1 0 n (−2)
n−1 (cf. [4] , p. 73).
The graph B n,n is the n-cube with spectrum n 1 (n − 2) n ...(n − 2 j) ( n j ) ...(−n) 1 (cf. [4] , p. 75).
In the thick case B n,1 (q) we find the strongly regular polar graph B n (q) with eigenvalues2n−2 −1 q−1
, −q n−1 − 1, q n−1 − 1 and multiplicities (respectively) 1, 1+q i−1 ) for 0 ≤ j ≤ n (cf. [2] , p. 275).
D n,1 and D n,n
The graph D n,1 is the same as B n, 1 .
The graph D n,n is the halved n-cube 1 2 2 n with eigenvalues ((n − 2 j) 2 − n)/2 and multiplicities ( n j ) (0 ≤ j < n/2), but multiplicity 1 2 ( n j ) if j = n/2 (cf. [2] , p. 264). In the thick case D n,1 (q) is the strongly regular polar graph D n (q) with eigenvalues q (q n−1 −1)(q n−2 +1) q−1 , q n−2 −1, −q n−1 −1 and multiplicities (respectively) 1, , where 0 ≤ j ≤ n 2 and γ j = 1 for 2 j < m and γ n = 1 2 if n is even (cf. [2] , p. 278).
E 6,1 and E 6,2
The graph E 6,1 is the Schläfli graph, strongly regular with parameters (v, k, λ, µ) = (27, 16, 10, 8) and spectrum 16 1 5. E 7,1 and E 7,2 and E 7,7
The graph E 7,1 is the Gosset graph, distance-regular with intersection array {27, 10, 1; 1, 10, 27}. It has spectrum 27 1 9 7 (−1) 27 (−3) 21 .
The The graph H 4,1 is the 1-skeleton of the 600-cell on 120 vertices. It has spectrum 12 4 . Note that the vertices of H 4,1 may be identified with the elements of the group G = SL(2, 5) (cf. [2] , p. 315), and the graph is invariant under right multiplication by elements of G, so that we have the right regular representation of G. This explains why the multiplicities are the squares of the degrees of the irreducible characters of SL (2, 5) .
The graph H 4,4 is the 1-skeleton of the 120-cell on 600 vertices. (The vertices can be regarded as 4- Here γ , δ, are the three roots of x 3 − x 2 − 7x + 4 = 0, and ζ , η, θ are the three roots of x 3 − x 2 − 7x + 8 = 0, and τ = (1 + √ 5)/2.
In this case the association scheme has d +1 = 45 relations, while L 1 has only 27 distinct eigenvalues. Indeed, every eigenvalue of L 1 that has degree m over Q(τ ) occurs in L 1 with multiplicity m.
I m

2,1
The graph I m 2,1 is the m-gon, with spectrum 2 cos(2π j/m) (0 ≤ j ≤ m − 1) (cf. [4] , p. 53). In the thick case we only have to look at m = 6 or m = 8. In the case I 6 2,1 (q) = G 2,1 (q) we find a generalized hexagon which is distance-regular with spectrum: eigenvalue: q 2 + q multiplicity: 1 eigenvalue: −1 + 2 q multiplicity: 
Remark
This research has been done in 1993. We found that Yasushi Gomi ( [5, 6] ) computed some of the results mentioned here in the context of computing character tables of (commutative) Hecke algebras. His results agree with ours.
